
Hoel, Michael; Shapiro, Perry

Working Paper

Transboundary environmental problems with a mobile
population: Is there a need for central policy?

Memorandum, No. 2000,16

Provided in Cooperation with:
Department of Economics, University of Oslo

Suggested Citation: Hoel, Michael; Shapiro, Perry (2000) : Transboundary environmental problems
with a mobile population: Is there a need for central policy?, Memorandum, No. 2000,16, University
of Oslo, Department of Economics, Oslo

This Version is available at:
https://hdl.handle.net/10419/63198

Standard-Nutzungsbedingungen:

Die Dokumente auf EconStor dürfen zu eigenen wissenschaftlichen
Zwecken und zum Privatgebrauch gespeichert und kopiert werden.

Sie dürfen die Dokumente nicht für öffentliche oder kommerzielle
Zwecke vervielfältigen, öffentlich ausstellen, öffentlich zugänglich
machen, vertreiben oder anderweitig nutzen.

Sofern die Verfasser die Dokumente unter Open-Content-Lizenzen
(insbesondere CC-Lizenzen) zur Verfügung gestellt haben sollten,
gelten abweichend von diesen Nutzungsbedingungen die in der dort
genannten Lizenz gewährten Nutzungsrechte.

Terms of use:

Documents in EconStor may be saved and copied for your personal
and scholarly purposes.

You are not to copy documents for public or commercial purposes, to
exhibit the documents publicly, to make them publicly available on the
internet, or to distribute or otherwise use the documents in public.

If the documents have been made available under an Open Content
Licence (especially Creative Commons Licences), you may exercise
further usage rights as specified in the indicated licence.

https://www.econstor.eu/
https://www.zbw.eu/
http://www.zbw.eu/
https://hdl.handle.net/10419/63198
https://www.econstor.eu/
https://www.leibniz-gemeinschaft.de/


MEMORANDUM
No 16/2000

Transboundary Environmental Problems with a Mobile Population:
Is There a Need for Central Policy?

By
Michael Hoel and Perry Shapiro

ISSN: 0801-1117

Department of Economics
University of Oslo



This series is published by the
University of Oslo
Department of Economics

In co-operation with
The Frisch Centre for Economic
Research

P. O.Box 1095 Blindern
N-0317 OSLO Norway
Telephone:  + 47 22855127
Fax:             + 47 22855035
Internet:      http://www.sv.uio.no/sosoek/
e-mail:         econdep@econ.uio.no

Gaustadalleén 21
N-0371 OSLO Norway
Telephone: +47 22 95 88 20
Fax: +47 22 95 88 25
Internet: http://www.frisch.uio.no/
e-mail: frisch@frisch.uio.no

List of the last 10 Memoranda:
No  15 By Knut Røed and Tao Zhang: Labour Market Transitions and

Economic Incentives. 21 p.
No  14 By Dagfinn Rime: Private or Public Information in Foreign

Exchange Markets? An Empirical Analysis. 50 p.
No  13 By Erik Hernæs and Steinar Strøm: Family Labour Supply

when the Husband is Eligible for Early Retirement. 42 p.
No  12 By Erik Biørn: The rate of capital retirement: How is it related

to the form of the survival function and the investment growth
path? 36 p.

No  11 By Geir B. Asheim and Wolfgang Buchholz: The Hartwick
rule: Myths and facts. 33 p.

No  10 By Tore Nilssen: Risk Externalities in Payments Oligopoly.
31p.

No   09 By Nils-Henrik M. von der Fehr and Lone Semmingsen:
Influencing Bureaucratic Decisions. 31 p.

No   08 By Geir B. Aasheim and Martin Dufwenberg: Deductive
Reasoning in Extensive Games. 22 p.

No   07 By Geir B. Asheim and Martin Dufwenberg: Admissibility and
Common Belief. 29 p.

No   06 By Nico Keilman: Demographic Translation: From Period to
Cohort Perspective and Back. 17 p.

A complete list of this memo-series is available in a PDF® format at:
http://www.sv.uio.no/sosoek/memo/



May 25, 2000

Transboundary Environmental Problems with a Mobile Population:
Is There a Need for Central Policy?

by

Michael Hoel* and Perry Shapiro**

Abstract
It is a widely held view that efficient environmental policies regulating transboundary
pollution will be adopted only if there is interjurisdictional coordination.  Efficient
policies can be adopted as a result of interstate treaties or mandated by a central authority.
However, if the policies of states are chosen to maximize the same function of own-
citizen welfare, and if individuals migrate freely between states, constrained-efficient
environmental regulatory policies are a non-cooperative equilibrium.  The policies are
constrained-efficient in equilibrium, the policy choices are the same as those found by
maximizing the social welfare function subject to a policy feasibility constraint.
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1 Introduction
Transboundary environmental problems are characterized by the environment in a region
being affected directly by actions taken in one or more other regions1. Transboundary
environmental problems have received a large attention in the literature; early
contributions include OECD (1976) and d’Arge (1975). The most obvious type of
transboundary environmental problem is emissions of some physical substance from one
region having a negative impact on the environment in other regions. However,
transboundary environmental problems may also be of a non-physical kind, such as e.g. a
concern about worldwide biodiversity, see Barrett (1992). In this paper we shall interpret
our variables as physical emissions causing environmental damage, but our results are
equally valid for non-physical environmental problems.

We use the term “region” as a geographical area that is a jurisdiction with some degree of
political autonomy. The typical example of this type of region is a country. However, the
regions could also be e.g. states, provinces or counties within a country. The important
thing is that the region has some autonomy over policy instruments affecting the
emissions in the region.

A standard result from the literature is that without any type of environmental policy
coordination or other forms of environmental agreements between regions, the outcome
will be socially inefficient. The reason for this is that when a region designs its
environmental policy, it takes into account the effect of its emissions only on its own
environment. In a socially efficient outcome, the effect of emissions in one region on all
regions will be taken into consideration. This result is based on models in which it is
assumed that the population in each region is exogenously given. For regions that are
geographically and culturally close to each other, such as e.g. the states in USA or the
provinces of Canada, this clearly is an unrealistic assumption. In this paper we therefore
explore the consequences of an alternative assumption of the populations in the regions.
We consider the case of perfect population mobility across regions, implying that the
same types of people get the same utility in all regions. Our main finding is that with
perfectly mobile populations, we may get an efficient outcome even if there is no policy
coordination or environmental agreement between the regions.

A result similar to ours was first shown by Wellisch (1994), who analyzed the provision
of a public good that generates interregional benefit spillovers. He showed that with
perfect population mobility, the non-cooperative equilibrium would be socially efficient
if each region in addition to deciding its level of the public good could set a head tax for

                                                
1 The term “directly affected” excludes any indirect effects via prices, incomes etc. making actions in one region
affect the environment in other regions.
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the residents in the region and also give non-negative transfers to the residents of other
regions. A similar result is shown by Silva (1997), where the public good is pollution
abatement, and where the level of pollution also is affected by the choices made by
consumers in each region. Silva only considers the special case of a unidirectional
spillover, i.e. in his 2 region model region 2 is affected by the consumption choices and
the level of abatement in region 1, but not vice versa. He shows that in this case the
efficiency property derived by Wellish is valid (in a second best sense) also if
interregional transfers are ruled out. This result is valid for the 2-region case with a
unidirectional transboundary spillover also if there is no population mobility between
regions, see e.g. Hoel (1999).

Our contribution differs from the above-mentioned articles partly in the way we model
the environmental externality. In our model this externality is explicitly linked to the
production process. More importantly, we derive the efficiency result for very general
types of spillovers and for very general assumptions about what policy instruments are
available to the regions. The results of Wellisch and Silva follow as special cases of the
general result we derive. In addition to the generality with regard to policy instruments,
we also generalize previous literature by allowing for heterogeneous populations in each
region. Finally, we give an explicit treatment of land and produced capital in the
production functions that are not addressed in the previous literature.

The paper is organized as follows. A simple model of a transboundary environmental
problem is introduced in Section 2, where we also derive the conditions for efficiency.
Section 3 demonstrates that if interregional transfers are ruled out, the non-cooperative
outcome is efficient. This result is generalized and discussed in Sections 4 through 7.
Section 8 discusses the role played by region specific land and mobile produced capital in
models of these types.

2 A simple model of transboundary pollution.
To formalize the analysis of a transboundary environmental problem, consider J regions
with emissions (e1, ..., eJ).  For each region j there is a variable zj which measures
environmental quality. This variable depends on emissions from all the J regions, and is
defined so that it is declining in all ei. Denoting  e=(e1,…,eJ) as the vector of emissions
from all regions, we thus have zj=zj(e) where all partial derivatives  zji are non-positive.
The general description includes several special cases.  One such special case is the case
of only local environmental damage. For this case all the partial derivatives zji are zero
for i≠j. Another special case is the one of a purely unidirectional environmental problem,
like Silva (1996) assumes. An example of such a problem could be a river running
through several regions which all pollute the river (for a recent discussion, see e.g.
Rogers (1997)). Clearly, a country that is further downstream cannot pollute an upstream
country. For this case, the partial derivatives zj i are zero for i<j if we number countries so
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that the region index is higher the further downstream the region is. Finally, climate
change and depletion of the ozone layer are examples of environmental problems for
which it is only the sum of emissions from all countries that matters for the environment 2.
For this special case it is thus only the sum Σ iei that enters as an argument in the functions
zj(e). Notice that even if the physical measure Σ iei of total emissions is the same for all
regions, the countries may differ in the way these physical emissions affect the regions. A
change in climate caused by an increase in total emissions of greenhouse gases could e.g.
affect different regions differently.

Production in region j is higher the population is, as it is assumed that labor input is
proportional to (or at least increasing with) population in the region, denoted by n j. It is
also increasing in the emission level e j for the interesting sizes of emission levels.
Production is denoted by f j(nj,ej), and we assume that per capita production f j/nj is strictly
declining in n j for any e j (this assumption is discussed further in Section 7).

In the simplest version there is a homogeneous population: everyone is equally
productive and all share the same preferences.  In this case it is natural to assume that
income and consumption is divided equally among all residents of region j. Moreover,
everyone is assumed to have the same utility function u depending on their consumption
and on the environmental quality of the region they live in. (These two assumptions are
discussed further in Sections 6 and 8.) Denoting the per capita consumption in region j by
cj, we thus have

))(,( ezcuU jjj = (1)

While the level of welfare Uj may be specific, the population homogeneity implies
homogeneous preferences.  Thus, there is no regional subscript for the function u(  ).
In most analyses of transboundary pollution, the distribution of the population is assumed
exogenous, i.e. all nj are assumed exogenous. With this assumption an efficient allocation
of emissions is found by maximizing a function

∑=
j jjUW α (2)

subject to (1) and the constraint

∑∑ ≤
i iiii ii enfcn ),( (3)

                                                
2 These examples are examples of global environmental problems.  Obviously, our model is not suitable for such
problems, since we assume perfect population mobility between all regions involved.
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An allocation of emissions solving this maximization problem for an arbitrary vector of
positive αj’s is a Pareto optimal allocation. It is well known, and straightforward to show
that all Pareto optimal allocations must satisfy3

∑
=

−=
n
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ij

iic

iiz
ijjje ez

zcu
zcunenf

1

))((
),(
),(),( (4)

If there is population mobility, we obviously cannot assume that the allocation of the
population is exogenous. Instead, assume that all nj’s are choice variables in the
maximization problem above, and solve the maximization problem under the additional
constraint

Nn
i i =∑ (5)

where N is the total population in the regions (assumed given). The Pareto optimal
outcomes must also in this case satisfy (4). In addition, all Pareto optimal allocations of
the population must satisfy

JJJJnn cenfcenf −==− ),(...),( 1111 (6)

This is a well-known condition for the optimality of population distribution.  It says that
the marginal surplus gained by an individual moving into a state (the difference between
his contribution at the margin -- his marginal product -- and what he consumes) should be
equalized across all states.

Generally, there is a continuum of Pareto optimal outcomes, i.e. outcomes satisfying (3)-
(6). These outcomes differ in the distribution of utility levels across regions. However, in
this paper we assume that there is perfect population mobility, and that migration
therefore eliminates any potential differences in utility levels between regions. We thus
have the following condition:

JUUU === ...21   (7)

Together with (3) – (6), this condition selects a particular Pareto optimal outcome. We
call this outcome the first-best socially efficient outcome.

                                                
3 See e.g. Markusen, ( 1975) or Hoel (1999).
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The first-best optimum given by (3) – (7) gives a particular distribution of consumption
per capita across regions. Generally, this distribution will differ from the distribution of
per capita incomes (equal to f j(nj,ej)/nj). In other words, interregional transfers will
generally be necessary in order to achieve the first-best optimum.

If for some reason interregional transfers are ruled out, it is generally not possible to
achieve first-best efficiency. In this case the second-best constrained efficient allocation
of emissions is found by maximizing the common utility subject to (1), (5), (7) and,
instead of (3), the constraint

),( iiiii enfcn ≤ for all i (8)

To see what the second-best efficiency condition for the allocation of emissions, consider
the choice of the emission level e j, i.e. emissions from region j. Clearly, at the optimum
the derivative of U j with respect to e j must be equal to zero. Inserting (8) into (1) and
differentiating gives
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where the term ∂nj/∂ej, together with ∂ni/∂ej for all other i, is determined by (5) and (7).

Setting the derivative in (9) equal to zero and rearranging gives us
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Together with the equations (1), (5), (7) and (8), this equation gives us the allocation of
emissions that is socially efficient given the constraint that interregional transfers are
ruled out.

3. The non-cooperative equilibrium
When there is no cooperation among regions, each region chooses its policies in order to
maximize the utility level of its own residents, taking the policies of other regions as
given. Consider region j. Assume for a moment that population in this region is given, as
is usually assumed in the literature of interregional environmental problems. Assume also
that transfers between regions are ruled out. Inserting (8) into (1) and maximizing with
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respect to e j gives the optimal emission level in region j. It is straightforward to see that
the optimality condition in this case is

))((
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),(

),(
1
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zcu
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j

−= (11)

Comparing this with the condition (4) for first-best efficiency, we see that the conditions
do not coincide. While each region only takes the effect of its emissions on its own
residents into consideration when designing its optimal policy, the socially efficient
allocation of emissions takes into consideration the effect of each region’s emissions also
on the residents of all other regions. This difference is what makes some kind of
cooperation across regions necessary.

When populations are mobile across regions, the optimal emission levels from each
region’s point of view are no longer given by (11). To find its optimal emission level,
region j must take into consideration how its emission level affects the size of its
population, and thereby the average consumption in the region. The same maximization
as above, but taking account of this effect on population size, gives us equation (10)
which was the condition for a constrained social optimum. The term ∂nj/∂ej is determined
just as it was in the condition for the constrained social optimum, i.e. by (5) and (7).

It follows from the discussion above that if transfers between regions are ruled out, there
is no reason to have an interregional environmental agreement or other type of
coordination of environmental policies. With perfect population mobility, the non-
cooperative equilibrium is (constrained) socially efficient. This result is contrary to the
traditional result in the theory of transboundary environmental problems, where
populations are assumed to be exogenously given. As mentioned in the Introduction,
Silva (1996) has shown this result for the special case of a unidirectional pollution
spillover. However, for this case the non-cooperative equilibrium is efficient also without
population mobility, see e.g. Hoel (1999).

In the next sections we show that this important result is quite general, as long as there is
perfect population mobility across the regions involved in the transboundary
environmental problem we are considering.

4. The efficiency of the non-cooperative equilibrium: a generalization
It is convenient to consider the transboundary problem more formally as a game played
between policy-autonomous regions.  The strategies of the game are the regional
environmental policies, and the payoffs are the utilities of the regional residents. It is
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important to recognize, with respect to the previous model with free interstate migration,
that market equilibrium imposes an important constraint on the payoffs.  Namely the
welfare of citizens in every region must be the same.

The game is described in the following way.  The players are the regional governments,
of which there are J (j = 1 … J). The feasible strategies are the policy choices of the
regional governments. In the model above, the most obvious example would be local
contribution to environmental degradation (ej) as well as the local taxes and transfers to
other regions.  However, the reasoning of our analysis is applicable to larger, and more
complex, sets of potential policies or strategies. Whatever the feasible strategies are, the
payoffs are the utilities of the regional citizens Uj.  Market equilibrium restricts the inter-
regional distribution of welfare to be such that the utilities are the same in all regions.

Formally, let J21 SSSS ×××= L  be the set of feasible strategies with Sj being the set of
strategies for region j.  The regional payoffs depend on the number of residents and the
locally chosen policies. To illustrate, consider the case in which the policy vector s j of
region j consists of the choice of emissions e j, a head tax τj and a vector of transfers to
other countries per person in region j, τj1,…, τjJ (it is convenient, but not necessary to
assume τjj=0). A reasonable requirement of feasibility is that e j≥0, all τj i≥0 (region j
cannot tax residents in other countries) and Σ iτji = τj (budget constraint). With these
strategies, consumption of a person living in region j will be

j
j

i ijijjj
j n

n)e,n(f
c τ−

τ+
=

∑ (12)

Together with the migration equilibrium condition (7), the condition (12) for all j
determines all population and consumption levels once the policy instruments are given.
Given the strategy choices of all regional governments, utility levels thus follow from the
preference function (1).

More generally, we have

)(sVU jj = (13)

From the migration equilibrium condition (7) we know that we must equal utility in all
regions, whatever the strategy vector s is. This means that the payoff functions Vj(s) must
be the same for all regions, i.e.
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)()( sVsV j = (14)

Setting-up the transboundary pollution problem in this way yields a surprising
conclusion: namely, central governmental mandate is unnecessary to induce the optimal
policies:
Theorem:  Let s* ∈ S be the vector of policy choices (e.g. environmental policy and
tax/transfers) that maximizes V(s) subject to feasibility constraints s j∈Sj; then s* is the
Nash Equilibrium of the policy game described above.

Proof:  Suppose all regions but j make the socially optimal choice, *
js− . Since the payoff

to j, Vj , is identical to V(s), region j makes Vj as large as possible by choosing *
js .

While the theorem focuses on the first best optima, for the transboundary pollution
problem stated, the first best depends not only on the selection of the correct
environmental policy, it also depends on the “correct” distribution of the population.  In
order to achieve that, the regions must be able to tax themselves and transfer to other
regions.  Both policy instruments might not be available.  There may be laws in state
prohibiting direct international monetary transfers, for instance.  In other words, the set of
policy instruments (feasible strategies) may be limited.  The theorem is very hopeful in
this regard.  What it says, with respect to the limited feasible set of strategies, is that the
“best” among the available constitute a Nash Equilibrium of the interregional game.  In
other words a “second-best” optimum is achievable non-cooperatively.

5. Multiple Nash equilibria
It is tempting to conclude from the previous section that if one has perfectly mobile
populations, it is not necessary to coordinate environmental policies across regions, even
when pollution is transboundary. Such a conclusion is however somewhat premature. The
result in the previous section only states that the social optimum (unconstrained or
constrained) is a Nash equilibrium of the policy game between regions. However, it is not
obvious that this Nash equilibrium will be the outcome of the non-cooperative game. This
is particularly true if there also exist other Nash equilibria of the game. If such other Nash
equilibria are not socially optimal, it must be true that they are Pareto dominated by the
social optimum. Although it is often assumed that among Pareto ranked Nash equilibria,
the players will select the best one; it is not obvious that this will be the case.

In the present model there may exist several Nash equilibria. One possibility of such a
case is illustrated in Figure 1. Generally, we know nothing about the concavity properties
of the functions giving population distributions as functions of policies. Therefore, the
function V(s) need not be concave in s. There may therefore be several local maxima of
this function.
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Figures 1 and 2 represent possible configurations of level surfaces for which there are
multiple equilibria.  The closed lines are the combinations of strategies for players 1 and
2 that result in the same level of equal interregional utility (those that satisfy the
migration equilibrium condition).  Figure 1 is an example of a case in which there are two

local maxima, each of which are equilibrium.  Only one ( *
2

*
1 s,s ) is efficient.

Figure 2 represents a more complicated case in which there is an infinity of Pareto
dominated equilibria.  All (s1,s2) pairs along the ridgeline L are equilibria: For any (s1,s2)
pair along the ridgeline, region 1’s strategy options are confined to those that are directly
east or west of )~,~( 21 ss .  All feasible changes represent a lower utility for 1 (and 2 as well)
than at )~,~( 21 ss .  Similarly, region 2 can make choices only that are directly north or south
of )~,~( 21 ss .  Again the feasible choices all yield lower utility than does )~,~( 21 ss .  Therefore

)~,~( 21 ss  is a local Nash Equilibrium. However, this equilibrium is Pareto dominated by the

efficient equilibrium ( *
2

*
1 s,s ).

6. The possibility of zero population in some regions
When there is perfect population mobility, migration eliminates any potential differences
in utility levels between regions. In (7), this is formalized as the utility levels being equal
in all regions. This formalization implicitly assumes that some people live in each region.
Although this certainly is what one expects in practice, models of the type we are using
may give zero population in some regions if there is perfect population mobility. This is
easiest to see by using a very simple example: There are two regions, and both have the
same production function, which is homogeneous of degree one in labor and emissions.
We thus have f j = njg(εj) where εj= e j/nj is emissions per capita in region j.

Let the only instrument available to the authorities of each region be an emission tax that
is reimbursed as a lump-sum transfer to the residents of the region. In this case emissions
will be endogenously determined along with populations. Denoting the emission tax and
wage rate in region j by θj and wj, profit maximization (i.e. cost minimization combined
with zero profit) implies

jjjg θε =)(' (15)

and

jjjjjj wgg =− )(')( εεε (16)
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Given the emission tax θj, the emissions per capita εj and the wage rate wj thus follow.

Assume that the environmental quality in each country only depends on the sum of
emissions e1+e2, and that z1(e1+e2)>z2(e1+e2). In other words, for the same level of private
consumption, country 1 is a better country to live in than country 2 is, whatever the sum
of emissions are.

Our migration equilibrium condition (7) may now be written as

))(),(())(),(( 22112222211111 εεεεεε nnzgunnzgu +=+   (17)

Consider a pair of emission taxes giving a combination of ε1 and ε2 such that ε1 < ε2

2122211111 ))(),(())(),(( UNzguNzguU =>= εεεε   (18)

as illustrated in Figure 3 4. An increase in n2 from n2=0 (and a corresponding reduction in
n1) will make both U1 and U2 decline, since ε2 > ε1. Without more information about the
functions, u, z1 and z2, we do not know which of the functions will decline most. It may
be the case that U1>U2 for all n2, or the curves giving the values of U1  and U2 may
intersect one or more times, as in Figure 3. In any case, it is clear that n2=0 is an
equilibrium for the given values ε1 and ε2 that follow from the given emission taxes.

In Figure 3, there is also an equilibrium with positive populations in both regions, given
by n2* in the Figure. This is a stable equilibrium in the usual  (and somewhat casual)
meaning of stability: If e.g. n2>n2*, we would have U1>U2, and people would migrate
from region 2 to region 1. This would continue until utility levels were equalized, i.e.
until we had n2=n2*.

The curves for U1 and U2 in Figure 3 were drawn for arbitrary emission taxes. However,
with the assumptions of the example above, the social optimum must imply that everyone
lives in region 1, and that the optimal emission tax in this region is the tax corresponding
to the ε1-value that maximizes u(g(ε1), z1(Nε1)). To see that this must be true, denote this
maximized u-value V*. Since z2<z1 whatever the sum of emissions are,
u(g(ε2),z2(Nε2))<V* whatever value ε2 has. In other words, if everyone lives in one

                                                
4 The fact that ε1<ε2 makes output per capita highest in country 2. However, provided the difference between ε1 and
ε2 is not too large, this effect will be outweighed by the fact that z1>z2, implying U1>U2.
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region, it is best to live in region 1. If people live in both regions, (17) must hold. For
(17) to hold, we must have ε2 > ε1. But this implies that as long as n2 is positive, a
reduction in n2 (and a corresponding increase in n1) will make the common utility level in
(17) increase. The social optimum, and Nash equilibrium, must therefore be a tax
combination giving the ε1-value that maximizes u(g(ε1), z1(Nε1)) and a ε2-value that is
sufficiently small that U2<U1 for all population distributions. With these taxes, the
optimal outcome with everyone living in region 1 will be achieved.

7. Non-homogeneous populations
The conclusion that no policy coordination is needed for a transboundary environmental
problem when there is perfect population mobility is surprising, but its application is
somewhat limited.  It requires an equality of welfare among all regions.  This is achieved
in the example with one type of individual and completely free mobility.  Not
surprisingly, there is a limit to how far the result can be generalized.  It is not perfectly
general, for it is easy to construct examples in which the result does not hold, for instance
some cases in which location preferences differ among people, or some cases where there
are locationaly fixed factors.  However, it is possible to generalize the model to
encompass the possibility of multiple types.

Begin by considering a partition of the population into T distinct types or classes.
Membership in a class, labeled t = 1 … T, requires the same preferences and productivity
as every other member of that class. In other words, there is homogeneity within a

particular type.  The welfare of an individual of class t in jurisdiction j is t
jU .  As before,

we assume that the utility of any given type depends on consumption and environmental
quality, i.e.

))(,( ezcuU j
t
j

tt
j = (19)

In the present case, perfect population mobility means that for any type, utility must be
the same wherever a person of this type chooses to live. In other words for each type t we
have the migration equilibrium condition

t
J

t UU == ...1 (20)

For any given policy vector s, the common utility level of each type is given, i.e. we have

),( jj
tt

j ssU −Ψ= (21)
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Suppose, further, that each region has the same social welfare function, and that this
social welfare function depends on the utility level of each type, and not on how many
people of each type that are living in the region. Formally we have

)())(,),(),((),,,( 2121 sVsssUUUV TT
jjjj =ΨΨΨΦ=Φ= LL 5. (22)

The realism of the assumptions underlying (22) can of course be questioned. In
particular, it would seem strange to include the welfare level of a particular type in the
welfare function of a region in which none of this type lives. We therefore restrict
ourselves to cases in which the equilibrium has a positive number of persons of each type
living in each region.

Applying the same logic as in Section 4, we have the following theorem:

Theorem: If, in equilibrium, at least one of each population class resides in every region,
the socially optimal policies are equilibrium strategies of the policy game played by the
regions..

There is a general principle at work in these examples.  The common welfare is
naturally defined to be social welfare.  If social, as well as regional, welfare, are
mappings from set of feasible strategies to the reals

RS:W →   and  RS:V j → ,

and, if

Ss's,  )'s(W)s(W)'s(V)s(V jj ∈∀>⇔> ,6

then s* is a Nash Equilibrium (where s* ∈ S as before is the vector of policy choices that
maximizes W(s) subject to feasibility constraints s j∈Sj ).

A consequence of this is that if the policy instruments available to the regions are
insufficient to produce a first best optimum, the non-cooperative equilibrium will be a
second best. In other words, the non-cooperative equilibrium strategies are ones that
                                                
5 For instance, if the regional social welfare function is of the Bergson-Samuelson type, then the weights are the

same in every region: ∑
=

α=
T

1t

t
j

t
j UV

6 Monderer and Shapley ( 1996) would label W( ) a 'potential function' and the resulting game a 'potential game'.  In
Shapiro and Petchey (1999) this condition implies that there is a "coincidence of collective and individual interests".
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maximize social welfare constrained by what are feasible strategies.  An example of this
is given previously.  In order to produce a first best outcome, one that induces not only an
optimal environmental policy, but also an efficient distribution of labor, regions must be
able to tax themselves and make transfers to other regions in addition to being able to
control their own emissions.  If this is not a feasible policy alternative, the resulting
equilibrium produces the highest social welfare possible without the tax transfer option.
It is furthermore true of this that regions may have different feasible policies.  One may
be able to use command and control regulation while other may be prohibited from using
those, but is able to employ pollution based taxes.

8 . Land and capital
To simplify the discussion of the present Section, we return to the case with only one
type of persons. However, the discussion in this Section remains valid also for the case of
several types discussed in the previous Section.

In the simple models of population mobility without any environmental variables, the
only specified production factor is labor (or population), so that output in region j is f j(nj).
With this specification, one must assume decreasing returns to labor in order to get
equilibrium with positive populations in all regions. If there were constant returns to
labor, the average productivity f j/nj would be independent of nj, and a socially efficient
outcome as well as a non-cooperative equilibrium would have all of the population living
in the region(s) with the highest average productivity. If f j/nj were equal in some or all
regions, the allocation of the population across these regions would not be determined.

If labor is the only specified factor and there are decreasing returns to labor, we have
implicitly assumed that there is a fixed factor in the background. It is natural to think of
this factor as region specific land. In the simple models of population mobility without
environmental variables, the mobility condition (7) implies that consumption per capita
should be equalized across regions. It is not obvious how this should be interpreted when
per capita income (before taxes and transfers) consists of wage income and rent from land
ownership. With perfect mobility it is reasonable to assume after tax wages per person to
be equalized across regions. However, there is no reason why land rents per capita should
be equalized. This income component is after all an income one gets from the region in
which one owns land, independent of the region in which one lives. The simplest way out
of this problem is to assume that land rents in each region are taxed at a rate of 100
percent by the authorities of the region, and that the tax revenues are distributed as equal
lump sum transfers to all residents in the region. (This is one way of interpreting Wellisch
(1994), who assumes that “land in region I is owned only by residents of that region on
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an equal per capita basis”. Silva (1996) is not clear about how he treats income from land,
although land is explicitly used in his production functions.)

In our model with environmental variables, there is no need to have a fixed factor
(“land”) in the production functions. Even if the production functions f j(nj ,ej) are
homogenous of degree 1 and differ across regions, we may have an outcome satisfying
(7) with positive populations in all regions.7 This is most obvious if the only policy
instrument in each country is its emission level. In this case all e j’s are fixed once the
authorities have chosen their policies, implying that average productivities f j(nj ,ej)/nj  are
declining in n j. If emission levels are determined through direct regulation, there is a
residual or rent in the firms equal to f j(nj ,ej)- f jn’(nj ,ej)nj. As in the case with land rents,
we must assume that this residual is claimed by the authorities, who reimburse it to the
residents in the region. An obvious interpretation is that the chosen emission level of the
region is allocated to individual firms in the region through quotas that the firms buy
from the regulator at their equilibrium price.

Instead of choosing a fixed level of emissions and allocating it to firms through direct
regulation or auctioned quotas, the authorities of the regions could set emission taxes. In
this case emissions would be endogenously determined along with populations.
Moreover, there will be no residual or rent left in the firms in this case (when constant
returns are assumed).

Even if factors such as land and capital are not necessary for the logic of the model, these
factors are important in the real world. In the rest of this  Section we therefore show how
they can be incorporated in our model.

Denote output in region j by xj. Instead of the simple production function presented in
Section 2, let us now assume that

),,,,...,( 1
jjj

T
jjjj eLknnfx = (23)

where n j
t is labor (or population) of type t employed in region j, kj is capital used in

region j, Lj is region specific land, and e j represents emissions in region j. This production
function is assumed to be homogeneous of degree one.

Land is exogenously given in each region. The sum of capital in all regions is given, but
capital is assumed to be completely mobile across regions. The marginal productivity of

                                                
7 The simplest example of this is the example used in Section 6, modified so that the environmental quality in each
country depends more strongly on own emissions than on emissions in the other country.
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capital is therefore equalized across regions, and we denote this common return on capital
by q. We also denote the rent per unit of land in region j by r j, and wages of type t labor
by wj

t.

There are T types of persons in the world. The total number of people of type t is Nt.
These types may differ in their labor productivity, implying different wages. They also
may differ in their ownership of land and capital. We assume that a person of type t owns
σj

t Lj of the land in region j, and σK
tK of the total capital stock (since the rate of return on

capital is the same in all regions, it makes no difference where the capital owned by a
particular person is used). These ownership parameters must satisfy

1=∑ t
t

t
jNσ (24)

1=∑ t
t

t
K Nσ (25)

A person of type t choosing to live and work in region j will have the following
consumption:

t
j

t
iii

t
i

t
j

t
j YqKLrwc +++= ∑ σσ (26)

where Yj
t are the net transfers this person receives (positive or negative). The utility index

of this person is as usual given by

))(,( ezcuU j
t
j

tt
j = (27)

But this is the same specification as we gave in Section 7, see (19). The results from
Section 7 are therefore valid for the model presented above, where incomes from capital
and land go to the owners of this capital and land, independently of in which region they
live.

Conclusion
We have shown that the efficient regulation of transboundary pollution is possible
without explicit cooperative agreements or central mandates.  What is required is that the
policy options available to each state are adequate; that states choose policies to
maximize the same function of own-citizen welfare and that individual are fully mobile
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between states.  These conditions are unlikely to be met in general, but, even if the
restrictions are unrealistic, the model does point to an important aspect of policy making.

The conditions set up an interrelationship between autonomous states that, in itself, can
induce states to make policy choice consistent with overall welfare maximization while
pursuing their own self-interested objectives.  The migration equilibrium (equal utility)
condition generates a coincidence of interests between the states.  In equilibrium the
welfare of one state is tied to the welfare of all others: the well being of one state cannot
be improved unless the welfare of all states improve.  It is not necessary for states to
individually recognize this coincidence; they need only know the migration responses to
their own environmental policy choice.

An interesting aspect of the analysis is that equilibrium policy choices may not be
globally efficient.   They may, instead, be second best efficient in the sense that the
chosen policies are the best, given the limited set of policy options open to states.  This
suggests that central intervention might take the form of expanding the policy choices
open to individual states rather than direct regulatory control. The results, however, do
not fully mitigate the desirability of more active central intervention.

Central government may have an important role beyond simply expanding the feasible set
of state policies.  Although efficient policies are an equilibrium, the equilibrium may not
be unique.  Some form of central coordination can be a mechanism for insuring the best
equilibrium is, in fact, the one achieved.



18

References

d'Arge, R.C. (1975), "On the Economics of Transnational Environmental
Externalities", in E. Mills (ed.): Economic Analysis of Environmental
Problems, Columbia University Press, N.Y., pp. 397-434.

Barrett, S. (1992), "Some economics of the convention on biological diversity",
CSERGE GEC Working Paper GEC 92-33.

Hoel, M. (1999) "Transboundary Environmental Problems”, ch 32 in  Jeroen v.d.
Bergh (ed.): Handbook of Environmental and Resource Economics ,
Edward Elgar, 1999

Markusen, J.R. (1975), "Cooperative Control of International Pollution and
Common Property Resources", Quarterly Journal of Economics 89, 618-
632.

Monderer, D. and L. Shapley (1996) "Potential Games" Games and Economic
Behavior 14, pp. 124-143 (1996).

OECD (1976), Economics of Transfrontier Pollution, Paris.

Rogers, P. (1997), "International River Basins: Pervasive Unidirectional
Externalities", in P. Dasgupta, K. G. Mäler, A Vercelli (eds): The
Economics of Transnational Commons, Clarendon Press, Oxford.

Shapiro, P. and J. Petchey (1999), "The Coincidence of  Collective and Individual
Interests" Working Paper in Economics, University of California, Santa
Barbara.

Silva, ECD (1997), “Decentralized and efficient control of transboundary pollution
in federal systems”, Journal of Environmental Economics and
Management 32, 95-108.

Wellisch, D. (1994), “Interregional spillovers in the presence of perfect and
imperfect household mobility”, Journal of Public Economics 55, 167-184.



2s

1s
*
1s

Figure 2

*
2s

L

V

2n

V̂

*
2n N

Figure 3

V*

u1

u2

2s

1s

*
2s

*
1s

Figure 1

2s

1ŝ
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